
Questão 1

S  un̧̃o n por:

f(x, y) =


xy cos(x+y)

x2+y2
, (x, y) ̸= (0, 0),

1, (x, y) = (0, 0)

1. Continuidade para (x, y) ̸= (0, 0)

Quno (x, y) ̸= (0, 0),  un̧̃o f ́ ompost  un̧õs ont́ınus (os,
som, multpl̧̃o  vs̃o on o nomnor ́ n̃o nulo). Portnto, f
́ ont́ınu m R2 \ {(0, 0)}.

2. Continuidade em (0, 0)

Pr trmnr  ontnu m (0, 0), nlsmos o lmt lm(x,y)→(0,0) f(x, y)
por rnts mnos.

a) Caminho ao longo do eixo x, onde y = 0

S y = 0. Nst so:

f(x, 0) =
x(0) os(x+ 0)

x2 + 02
= 0

Portnto:
lm
x→0

f(x, 0) = 0

b) Caminho ao longo da reta y = x, onde x ̸= 0

S y = x. Nst so:

f(x, x) =
x(x) os(x+ x)

x2 + x2
=

x2 os(2x)

2x2
=

os(2x)

2


Assm:

lm
x→0

f(x, x) =
os(2 · 0)

2
=

1

2


Conclusão

Os lmts plos rnts mnos n̃o onm:

lm
(x,y)→(0,0)

f(x, 0) = 0  lm
(x,y)→(0,0)

f(x, x) =
1

2


Portnto,  un̧̃o f n̃o ́ ont́ınu no ponto (0, 0).
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Resumo

A un̧̃o f ́ ont́ınu m R2 \ {(0, 0)}  sont́ınu m (0, 0).

Questão 2

S S  supr́ı  por:

ey
2−z2 + 4yz = 5

Dtrmn  qu̧̃o o plno tnnt  S no ponto P0 = (2, 1, 1).

Solução

Consr F : R3 → R, tl qu S = F−1(0), on:

F (x, y, z) = ey
2−z2 + 4yz − 5

O vtor norml N⃗ o plno tnnt ́ o por F (P0). Como:

F (x, y, z) =


∂F

∂x
,
∂F

∂y
,
∂F

∂z


,

tmos qu:

∂F

∂x
= 0,

∂F

∂y
= 2yey

2−z2 + 4z,
∂F

∂z
= −2zey

2−z2 + 4y

Clulno F m P0 = (2, 1, 1):

F (2, 1, 1) =

0, 2(1)e1

2−12 + 4(1),−2(1)e1
2−12 + 4(1)




Como e1
2−12 = e0 = 1, tmos:

F (2, 1, 1) = (0, 2(1) + 4,−2(1) + 4) = (0, 6, 2)

Portnto, o vtor norml ́:

N⃗ = (0, 6, 2)

A qu̧̃o o plno tnnt ́  por:

⟨N⃗ , (x− 2, y − 1, z − 1)⟩ = 0,
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ou s:
⟨(0, 6, 2), (x− 2, y − 1, z − 1)⟩ = 0

Clulno o prouto ntrno:

0(x− 2) + 6(y − 1) + 2(z − 1) = 0

Expnno:
6y − 6 + 2z − 2 = 0

Smplno:
6y + 2z = 8

Resposta

A qu̧̃o o plno tnnt  supr́ı S no ponto P0 = (2, 1, 1) ́:

6y + 2z = 8
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Questão 3

S f(x, y) = xey.

Parte (a)

Tx  vr̧̃o m P = (2, 0) n r̧̃o :

w⃗ =


1

2
, 2


− (2, 0) =


−3

2
, 2




Normlzno o vtor:

u⃗ =
w⃗

∥w⃗∥ =


−3

5
,
4

5




O rnt  f ́ o por:

f(x, y) = (ey, xey) ⇒ f(2, 0) = (1, 2)

A tx  vr̧̃o ronl ́  por:

∂f

∂u⃗
= f(P ) · u⃗ = (1, 2) ·


−3

5
,
4

5


= −3

5
+

8

5
= 1

Parte (b)

Em qu r̧̃o  un̧̃o tm  m́xm tx  vr̧̃o?
N r̧̃o :

w⃗1 = f(P ) = (1, 2)

Parte (c)

Qul ́  m́xm tx  vr̧̃o?

∥f(P )∥ = ∥(1, 2)∥ =
√
5
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Questão 4

Dtrmn os xtrmos  un̧̃o f(x, y) = xy quno (x, y) stsz x2 +
2y2 = 6. S g(x, y) = x2 + 2y2 − 6 = 0  qu̧̃o  urv.

Tmos qu f, g  C1, om:

f = (y, x)  g = (2x, 4y)

Loo, g(x, y) = (0, 0) ⇔ (x, y) = (0, 0)  C. Pomos plr o m́too
os multplors  Lrn.

Dvmos rsolvr o sstm:

2x(y + λ) = 0,

x2 + 4yλ = 0,

x2 + 2y2 = 6

D (1), x = 0 ou y = −λ.

Caso 1: x = 0

D (3), tmos y = ±
√
3, otno os pontos:

(0,
√
3)  (0,−

√
3)

Caso 2: x = y

D (2)  (1), tmos:

x2 − 4y2 = 0,

x2 + 2y2 = 6

Rsolvno o sstm: 
x2 = 4y2,

x2 + 2y2 = 6

Susttuno:
6y2 = 6 ⇒ y = ±1 ⇒ x = ±2

Cálculo dos valores de f

f(0,±
√
3) = 0,

f(2, 1) = f(−2, 1) = 4, f(2,−1) = f(−2,−1) = −4
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Conclusão

O m́xmo ́ tno m (2, 1)  (−2, 1), vlno 4.
O mı́nmo ́ tno m (2,−1)  (−2,−1), vlno −4.
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